Theorem 1 (Dominated convergence of Lebesgue) Assume that g is an integrable
function defined on the measurable set E and that (f,,),en S @ sequence of measur-
able functions so that | f,| < g. If f is a function so that f,, — [ almost everywhere

then
tin [£,= [ 7

Proof: The function g - f,, is non-negative and thus from Fatou lemma we have
that [(g - /) < liminf [(g - f,). Since || < g and |f, | < g the functions f and f,
are integrable and we have

fg—ffsfg—limsupffn,
fleimsupffn.

Ozwpnpa 2 (Kuptapympévng sdyritsyg touv Lebesgue) ‘Eorw dvw n g elvar wa
0A0XANQGIGLULY GVVEQTNGY 0QLGUEVY 6TO WeTENGLo 6Vvodo E nar 0 (f,)pen vt
wee axodovdie ueTeNoLULOY GVVOQTNGEDY W6TE | [, | < g. TmodéTovue dTL vdtgyel
wee ovvaprnen [ wete n (f,,) oy Yo Telvel 6tny [ 6yedov mavrov. Tore
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AmideEn: H auvaptnan g—f,, eivar pn apyntins xot dpo oo to Avppo tov Fatou
ydet [(f-g) < liminf [(g - f,). Exed? |f| < g xo |f,| < g ot fro [, eivar
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