Theorem 1 (Dominated convergence of Lebesgue) Assume that g is an integrable func-
tion defined on the measurable set E and hat (f,,),cn is a sequence of measurable function
so that |f,| < g. If fis a function so that f,, — f almost everywhere then

lim/fn=ff

Proof: The function g — f, is non-negative and thus from Fatou lemma we have that
JS(g — H < liminf f(g — f,). Since |[f|] < g and |f,| < g the functions f and f, are

integrable and we have
fg—ffﬁfg—limsupffn,
/fz limsupffn.

Ozdpnue 2 (Kuprepynuévns ovykhong tov Lebesgue) Eorw dti 7 g etvar pue oAo
KAOoLun 6uvaeTnon ogLeuévy oto uetroyuo tivolo E kaw 1 (f,)en EVOL o axo-
AovBia puetorouwv cvvagtijoewv wote |f,| < g Tmobérovue ot vdoyer wa cvvdo-
mon f dore 5 (f,)en va TEWVEL 0TV f GYedov Tavrov. Tote

limffn=/f.

ArédeiEn: H ouvaptnon g — f, lvon un apvntikn KoL apo ard To Anuua tov Fatou
wyver f(f — g) < liminf (g — f,). Exedn |f] < g xau |f,] < g o f ko f, eivon

OMOKANPMOLUES, EXOVUE
fg—ffsfg—limsupffn,
/leimsupffn.
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