Theorem 1 (Dominated convergence of Lebesgue) Let g be an integrable func-
tion defined on the measurable set E and hat (f,,),cn IS a Sequence of measurable
function so that | f,| < g. If f is a function so that f,, — f almost everywhere then

i [ = [

Proof: The function g — f,, is non-negative and thus from Fatou lemma we have
that f(g — f) < liminf f(g — f,). Since |f| < g and |f,,| < g the functions f and f,
are integrable and we have

fg—ffsfg—limsur)/fn,
ffZlimsupffn.

Oswpnua 2 (Kuprapymmévng obykAong tov Lebesgue) ‘Eotw 6t 1) g etvat uta odo-
xAnpaoiun cuVapTHon opLlouevy oo uetpriotuo ovvolo E xat 1) (fi,)nen Eiveu tia axo-
AovBia uetprjouwy ovvaptjoewy Wote |f,| < g YmoBérovue St vdpyet pie ovvdp-
mon f dote ) (f)nen Vo TelVEL oty f oyedov mavtod. Tote

tim [ = [ 1.

AméSeién: H ouvdpton g — f, elvon un apwntr kot dpa and 10 Afjpuo tov Fatou

woyvel f(f —g) < liminf /(g — f,). Enedy |f| < g xau |f,| < g ot f xau f,, elvon
OAOKANPOCUULES, EXOVUE

fg—ffs/g—limsup/fn,
/fZlimsup/fn.
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