Theorem 1 (Dominated convergence of Lebesgue) _Assume that g is an integrable function
defined on the measurable set E and hat (f,) e is a sequence of measurable function so that |f,| < g If
[is a function so that f, — [ almost everywhere then

Proof: The function g—f, is non-negative and thus from Fatou lemma we have that [ (g—/) <
liminf [(g—f,). Since |/| < gand |/,| < gthe functions fand f, are integrable and we have

fg—ffs fg—limsupffm
ffz lim sup ffn.

BOswonpa 2 (Kvoragynuevng odyxhong tov Lebesgue) Eorw du 5 g elvar ja odoxdypdoun
ouvdptnoy opiauévy ato petprioo avvodo E xar 7y (f,) ,en Efvat pua axorovOia petorjonwy ovvaptrjocwy
doze |f,| < g Yrobérovue du vrdgyer pa ovvdotnon f dote 1 (f,) ,en P4 teiver oy f oyedoy ravrod.

Tore
limf];=ff

Ardéety: H ovuvepton g — f, elvan un apvnund] xan gpa and 1o Afpua tov Fatou toyvet
[(f-9) < liminf [(g—f,). Enewdn |f] < gnou |f,| < got frau f, civon ohordnodotpies, éxovpe

fg—ffs fg—limsupffm
ffz limsupfj;.

qpo



