Theorem 1 (Dominated convergence of Lebesgue) Assume that gis an integrable func-
tion defined on the measurable set E and hat (f,,),en is a sequence of measurable function
so that |f,,| < g If fis a function so that f,, — falmost everywhere then

i 1= s

Proof: The function g — f, is non-negative and thus from Fatou lemma we have that
S(g—/) < liminf f(g—f,). Since |f] < gand |f,,| < gthe functions fand f, are integrable

and we have /g—/fs fg_nmsup/fm
fleimsupffn-

Oewpnua 2 (Kuprapxnuévng ovykhiong tov Lebesgue) Eotw 071 4 g eivau puoc oAdoxAy-
PO oVVEPTHON OpLouévy 0To petphiowpo avvoro E kau 1 (f,)en €ivar pia axorovBia
peTpriopwy cvvaptioewy wote |f,| < g YmoOBétovue o1 viidpyer pia ovvéapTHon f woTe
1 (f)nen ve Teiver atny f oyedov mavrod. Tote

im [ ,= [

Anédeién: H ovvaptnon g— f, ivou pn apvrikn kaw dpa and o Afppa tov Fatou toyvet
S(f— 9 <liminf f(g — f,). Enedn |f] < gxat|f,| < gotfxaf, eivar ohokAnpwotyeg,

gxoupe /g—/fﬁ /g_limsupffn’
fleimSUPffn'
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