Theorem 1 (Dominated convergence of Lebesgue) Assume that gis an integrable func-
tion defined on the measurable set E and hat (f,,),.en is a sequence of measurable function
so that |f,,| < g If fis a function so that f,, — falmost everywhere then
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Proof: The function g — f, is non-negative and thus from Fatou lemma we have that
S(g—f) < liminf f(g—f,). Since |f] < gand |f,| < gthe functions fand f, are integrable

and we have /g—ffs fg_nmsupffn,
fleimsupffn'

Ocswpnua 2 (Kuprapxnuévng ovykhiong tov Lebesgue) Eotw 071 7 g eiva po oAoxAn-
pwOIUY CUVEPTHOY 0pLouévy oTo petphotpo ovvoro E xat 1 (f,),en eivar pua axolovBie
peTpriopwy cvvaptioewy wote |f,| < g YmoOétovue o11 viidpyet o ovvapTHon f woTe
7 (f)nen va Teiver otnv f oxyedov mavtov. Tote
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Anédeién: H ovvaptnon g— f,, eivau pn apvrikn kat dpa and o Afppa tov Fatou toybet
JS(f— 9 <liminf /(g — f,). Enedn |[f] < gxat|f,| < gotfxalf, eivar odokAnpwotyeg,

éyovpe
/g—ffs fg—limsupffm
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