Theorem 1 (Dominated convergence of Lebesgue) Assume that g is an inte-
grable function defined on the measurable set E and hat (f,),enN is a sequence of mea-
surable function so that |f,| < g. If f is a function so that f, — f almost everywhere

then
dim [ -] 5

Proof': The function g - f, is non-negative and thus from Fatou lemma we have that

|(g - f) = liminf [(g - f,). Since |f| < g and |f,| =< g the functions f and f, are

integrable and we have
Jg—st Jg—limsupjfn,
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Ozmpnpa 2 (Kuprapxnpévng ovykiiong tov Lebesgue) Eorw 6m i g eivan pa
odokAnpdon cvvdptnon opiopévn oo petprioto obvodo E kau n (fi)neN €ivou pa axo-
Aovbia petprioyiwv ovvaptioewy dote |f,| < g. Ynobérovue 61 vrdpyel pue ovvdprnon
f dore n (fnew va teiver oty f oxedév mavrov. Tore

hmjﬁzjf

Anédeitn: H ouvaptnon g — f, elvan pn apvntikn ko &pa amd to Anppa tov Fatou
wyber [(f - g) < liminf [(g - f,). Enedn [f| < g xou [fy] = g ou f ko f,, elvon

OAOKANPOCLLES, EXOVLLE
Jg—st Jg—limsupjfn,

Jf > limsupJ-fn.
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