Theorem 1 (Dominated convergence of Lebesgue) Assume that g is an integrable
function defined on the measurable set E and hat (f,,),cn is a sequence of measurable
function so that | f,,| < g. If f is a function so that f,, — f almost everywhere then

lim [ £,= [ r

Proof : The function g — £, is non-negative and thus from Fatou lemma we have that

[(g - f) <liminf [(g - £,)- Since | f| < g and | f,| < ¢ the functions f and £, are
integrable and we have

fleimsupffn.

Occhpnpa 2 (Kuptapxnp.évng Géyxhcng tou Lebesgue) 'Eorw o7 1 ¢ elvar pua olo-
KAnpddoyun Uvuapﬂymy opw,uewy 070 uetTpijoyo ovvolo E kat n f” LeN Evat pua axo-
Aovlia perprioywy ovuapmoewv wore | f,| < g Yﬁoﬂerovpe OTLUTTAPYEL puLa oUVapTHOoN
f dore ) (f,),,en va Telver oy f oxedov mavrov. Tore

1mfﬂ=ff
Anddedn: H ouvdprnon g — f,, etvan pun apvneeah xa digor ameé to Ao tou Fatou oydet
[(f - ¢) < liminf [(g - £,). Eradn | f| < gxou | f,]| < g ot f xon f, elvon ohoxhnptr-

opes, éyoupe
fg—ffsfg—limsupffn,
fleimsupffn.



