Theorem 1 (Dominated convergence of Lebesgue) Assume that g is an
integrable function defined on the measurable set E and hat (f,),en IS @
sequence of measurable function so that |f,,| < g. If f is a function so that
fn — f almost everywhere then

i fi= 1

Proof: The function g — f;, is non-negative and thus from Fatou lemma we
have that f(g —f) < liminf f(g —f,). Since |[f] < g and |f;| < g the functions
fand f, are integrable and we have

fg—ffS/g—limsupffn,
/fZlimsupffn.

Bewonuo 2 (Kvgroynuévng gvoykMong tov Lebesgue) ‘Ectw 011 n g €i-
Vol 4l OAOKANQWOGIUN GUVAQTNGN 0PLGUEVIL GTO UETPHGLUO GUvoAo E Kkal n
(fidnen Eivar pia akodovdia petpricipwv cuvaticewy Oate |f,| < g. Ymodé-
TovuE OTL VITdE)EL uta guvdptnon f wate n (f,),en VO TEIVEL GTNY [ GYedOV

sravtov. Tote
lim f fo= f .

Agtobeién: H cuvdptnon g — f, elvol un oQvntiki kot dea agtd to Anuuc
Tou Fatou woyver f(f—g) < liminf f(g— f,,). Ewedn |[f] < g ko |f,] < g o f
Ko f,, elval OAOKANQEAOGULES, £xOUUE

e [rs [e-tmsu 1.
ffZlimsup/fn.
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