Theorem 1 (Dominated convergence of Lebesgue) Assume that g is an
integrable function defined on the measurable set E and hat (f,,),en i @ sequence
of measurable function so that |f,,| < g. If f is a function so that f,, — f almost

everywhere then
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Proof: The function g — f,, is non-negative and thus from Fatou lemma we have
that [(g— f) < liminf [(g— f,). Since |f| < g and |f,,| < g the functions f and
f,, are integrable and we have
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Ocechpenpa 2 (Kuptapynuévne cOyxAiorng tou Lebesgue) Eotw du n
g €lvar pa odokAnpdoun ouvdptnon opiouévn oto uetpriouo ovvolo E kai n
(fn)nen €var pua axodovllia pegpriouwy ovvaptrioewy doze | f,| < g. Trolérovue
éu vrdpyer ya owvdptnon f dote n (f,)pen va Tever otny f oxedov mavto.
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Andoeitn: H ouvdptnon g — f,, elvar un apvnunr| xou dpo and to Afjupa tou Fatou
wyler [(f —g) <liminf [(g— f,). Enedd |f] < g xu [f,| < g ou f xou f,, ebvon
ONOXANPOCLIES, EYOUUE
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